Let K be a convex polyhedron in an affine space with a set of extreme points <?. A set <f = {A l9 A 2 ,..., A n ) of affine functions, none of them identically zero on K, is said to determine K if there exists an affine subspace H such that K = {xeH \ A t (x) ^ OVJ. Let R and, for xeK, define P(x) = Q(A(x)). P is strictly positive, so it is of some interest to find its minimum.
If K is the set D k of k x fe, k ^ 2, doubly stochastic matrices, and we take for y the coordinate functions and take c = 1, P(x) is the permanent Q is homogeneous of degree d if £ 4 v4 f (e) = d for all e e <f. Since the sum of the inner normals to the faces of K, with lengths equal to the area of the faces, is zero, homogeneity can always be achieved by appropriate choice of Of. In case Q is homogeneous, we have additionally
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The permanent is homogeneous of degree k, so the map h above is of considerable interest. For one thing, we have the amusing statement that every y e D k may be written in the form
/ 7C
for a unique choice of doubly stochastic x. It would be interesting to obtain an intrinsic characterization of the representation of y above in the class of all representations of y as a convex sum of permutation matrices. For another, the inverse to the map h does not increase the permanent, but except for the case k = 2, it appears difficult to get useful expressions for the inverse. There is another description of the map h which is also useful. Let x e D k9 and let X tj be the k -1 by k -1 minor associated to x tj . Then
In the study of the homogeneous case, one is led quite naturally to the following considerations. Let L be the set of ISRQ such that l A(e) ^ 1 Ve e<f, which is the same as saying l A(x) ^ 1 Vx e K. L is a multiplicative semigroup, but also a convex set, owing to concavity of the logarithm. Define L x c L as the set of / such that l L(e) = 1 Ve e ê. L x is then a group, and it may be proved that L x is the set of extreme points of L, but L is not necessarily the convex hull of L 1# For yei?g define
E(y) =-min Y yik-(I *eL i
The minimum is always achieved as a matter of fact for a point of L 1? or as the limit along a sequence of points of L x . 
E(y)
= max[/ (x) M(x)^( x) ] 1/d .
